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I. INTRODUCTION

Humanoid robots that are supposed to help humans at work and during daily life should be able to reach for objects using
the arms or even the whole body, eventually ending up grasping and using such objects. An important issue associated with
these behaviors is the definition of the space that the robot can reach, i.e. the reachable space or workspace. In general, if
an accurate model of the system is available, analytical or geometric methods can be used to analyze and obtain the robot
reachable space. However, to build analytical model of current humanoid robots is becoming a more and more difficult task, due
to their increasing complexity. Learning techniques represent an appealing solution if poor analytical knowledge is available,
and seem even mandatory as long as humanoids are supposed to become completely autonomous and gain knowledge through
their own experience.
In this work we investigate how a humanoid robot can learn a representation of the reachable space from motor experience: a
Reachable Space Map. The map provides information about the reachability of a visually detected object (i.e. a 3D point in
space). Learning is performed online during the execution of goal directed reaching movements; reaching control is based on
kinematic models that are also learned online. Recent studies have tested numerical or machine learning tools in order to build
a representation of the robot reachable space [1], [2]. The proposed methods describe the workspace with respect to a cartesian
frame (either placed in the world or on the robot) and compute it offline. Three main concepts make our solution innovative
with respect to previous works: the use of a gaze centered reference frame to describe the robot workspace, the primary role
of action in order to build and represent knowledge, the need for learning to be performed autonomously and online.

II. A REACHABLE SPACE MAP

The position of an object in space can be defined in different ways, the most common one being the cartesian position
with respect to a fixed reference frame, either placed somewhere in the environment or on the robot body. Another possible
choice is to encode the object position with motor coordinates, as proposed in [3]. Indeed, it has been hypothesized that
humans employ a gaze centered frame of reference for reaching control [4], [5], even in the case of whole body reaching [6].
Furthermore, neurophysiological evidences show that human perception of what is reachable or not relies on motor information
[7]. This suggests that a map of the reachable space can be described using motor coordinates, and can be learned from motor
experience. Before the reaching movement starts the robot head is controlled to fixate the target object (i.e. gaze control), then
the object position with respect to the robot is encoded with the head motor configuration: in our implementation, pitch and
yaw rotation of the head and eyes vergence (3 DOFs). This information is used both to drive the reaching action and to build
the reachable space map.
Here we propose two different solutions to design the Reachable Space Map: the Basic Map and the Enhanced Map. Both maps
are implemented using a LWPR neural network [8] which is trained online during the execution of arm reaching movements.
After some learning the robot can use the map to modify its body posture in order to make a perceived object reachable (e.g.
bending the waist or walking toward the object). We carried on the experiments using the iCub Dynamic Simulator [9]. All
the software has been realized using YARP [10]. Preliminary results show that the system is able to learn a representation of
the reachable space and use it to improve reaching control.

A. Basic Map

The easier solution is to train the LWPR with the head configuration, qhead ∈ <3, as input and a value S ∈ {0, 1} which
indicates the failure/success of the reaching action as output. Every time a fixated object is reached the LWPR is trained with
< qhead, S = 1 >, because a feasible arm configuration which brings the hand in the fixation point defined by qhead exists.



Conversely, if a reaching task has not been accomplished the LWPR is trained with < qhead, S = 0 >. The left image in
figure 1 shows the map after about 5000 reaching movements.

B. Enhanced Map
A more complete description of the reachable space can be obtained by providing additional information about the location

in space the robot is trying to reach for. The new set of data is described by < qhead, S, e, σ >, where e ∈ [0; eMAX ] is the
final error of the reaching controller and σ ∈ [0;σMAX ] is a measure of the distance from singular configurations of the arm
(here we choose the smaller singular value of the arm Jacobian [11]). A training value V is computed from these data. If the
target is reached (S = 1), then V = 1 − σ

σMAX
. If the target is not reached (S = 0), then V = 1 + e

eMAX
. Therefore V is a

continuous value ranging from 0 to 2, where 0 means a reachable point which can be reached with a good arm configuration
(far from singularities) and 2 indicates a point that is not reachable and probably lies very far from the robot (large error of
the reaching controller). After every reaching action the LWPR is trained with the head configuration qhead as input and the
training value V as output. The right image in figure 1 shows the map after about 5000 reaching movements.

C. Waist control
When the map is queried with qarm it outputs a value R which provides information about the reachability of the fixated

point. By moving the waist while keeping the point (or object) in fixation the robot can collect sensory data in the form
< ∆qwaist,∆R > and use them to learn an approximation of the Jacobian for which holds Ṙ = J(qhead,qwaist)q̇waist.
Then waist velocities can be generated using q̇waist = J†(qhead,qwaist)(R

d −R) to control R to Rd, i.e. to make a fixated
object reachable. The same approach can be extended to other motions, e.g. walking.

Fig. 1. Basic Map (on the left) and Enhanced Map (on the right): 2D projections of the 3D map for different values of pitch (i.e. head elevation). Circles
and crosses indicate respectively training samples of reachable and unreachable points.
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